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. $f(x)=A+Bx+Cx^{2},9(x)=x^{3}-D$ $f(x)$ $A^{3}+B^{3}x^{3}+C^{\theta}x^{6}=3ABCx^{S}$
$g(x)$ $A^{3}+B^{3}D+C^{3}D^{2}=3ABCD$ $x$ .
3 4 12 13 14 . [4]
[6] 1
$x$ $f(x),$ $g(x)$ Raes$(g(x), f(x),x)=A^{3}+B^{3}D+C^{3}D^{2}-3ABCD$
3
1
(Step 1) 1 .
(Step 2) $fi,$ $\ldots$ , $f\ell$ . $u_{2}$
.
$\{\begin{array}{ll}f_{1}(x_{1}, \ldots,x_{n}) = u_{1}:. f_{\ell}(x_{1}, \ldots,x_{\mathfrak{n}}) = u_{\ell}\end{array}$
(SteP 3) Gr\"obner ( ) 1




$+$ = 137340 $+$ = 121750 .
$\sqrt{\text{ }x\text{ _{}\overline{\text{ }}}\iota}+\sqrt[a]{\text{ }\hslash \text{ }}+\sqrt[4]{\text{ _{}\overline{\text{ }}}f}=1$ 2 .
88
(Step 1)




$\sqrt{\text{ }\mathfrak{B}\text{ _{}\backslash }+}+\sqrt[*]{\text{ }\hslash \text{ }}+\sqrt{\text{ }\not\supset \text{ _{}\overline{\text{ }}}\}}\Rightarrow f_{3}=a+b+c-12$
(Step 3) ( ) $c$ 1
$I=(f_{1},$ $f_{2},$ $f_{3}\rangle$ $\subset Q[a, b,c]$ 1
$I$ $(a\succ b\succ c)$ Gr\"obner $Gr$ .
$Gr=\{c^{108}-9c^{102}+648c^{101}-\ldots, ..., ... 24014242432\}$
2: 4(Step 4) $c$ 108
4
15 1 ( 15 ) 14 .







( 2) $>$ $>$





[ ] $i+j+k=12$ $i^{2}>j^{3}>k^{4}$ $(i,j, k)$ (7, 3, 2), (8, 3, 1), (9, 2, 1) 3
(7, 3, 2) $=49$ , $=27$ ,
=16
$\{\begin{array}{ll}\text{ } + \text{ }= 1373\text{ }\text{ } + \text{ }= 121745 (\text{ })\end{array}$
{ $=49$ , $=27$,




6 4 1 4 47
. $fl^{3}+$ $fl^{3}$ 637
$\text{ ^{}3}+$ $\text{ ^{}3}$ 855
.
( ) $=x$ , $=y$ , $=z$ 3: 12
521
$=8$ , $=7$ , $=5$ .
$o$ 637=83+53 $855=7^{3}+8^{3}$. =6 $=4$ 144714728107. ..











6 . 1 \sim 14 Gr\"obner 1
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